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(ii) \m5 bp + aq = λ + 2, K(1, t) 6 M (�r). � (i) �4hK2�r+R

k
1

p (b, p)k
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q (a, q) kW~2�>z A &>2�V�$k<�r a, b q K(x, y) JY>���.2��k:5F=
bp+ aq = λ+2 kIkQW~�r+R2Æ!}�����	^6��D,O�z��P>5FDA^(5vK���r 1.1 a p > 1, 1

p
+ 1

q
= 1, a, b, λ ;k�r� K(x, y) k λ 
K#FJZr�

bp + aq = λ + 2, P
W1(b, p) =

∫ +∞
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K(1, t)t−bpdt, W2(a, q) =

∫ +∞
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K(t, 1)t−aqdtm+�B9 W1(b, p) = W2(a, q), P5
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0

K(x, y)x−aqdx = y1+λ−aqW2(a, q). (1.2)� 48 K(x, y) k λ 
K#FJZr�P4 bp + aq = λ + 2  1 λ− 2 + bp = −aq,8k
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 o h � � vdr 2.1 a p > 1, 1

p
+ 1

q
= 1, a, b, λ ;k�r� K(x, y) k λ 
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∫ +∞
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∫ +∞

0

K(t, 1)t−aqdt
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m−1−ε

∫ +∞

1

m

K(1, t)t−bp− ε
q dt

=
N

∑
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m−1−ε

∫ +∞
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K(1, t)t−bp− ε
q dt +
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∫ +∞

1

m

K(1, t)t−bp− ε
q dt
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∞
∑

m=N+1

m−1−ε

∫ +∞

δ

K(1, t)t−bp− ε
q dt
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∫ +∞

N+1

x−1−εdx

∫ +∞

δ

K(1, t)t−bp− ε
q dt

= M1 +
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(N + 1)−ε

∫ +∞
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K(1, t)t−bp− ε
q dt,HK M1 =

N
∑
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εM1 + (N + 1)−ε

∫ +∞
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K(1, t)t−bp− ε
q dt 6 M(1 + ε).3 ε → 0+, �(2 Lebesgue #Jm+8&�5

∫ +∞
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K(1, t)t−bpdt 6 M,=3 δ → 0+,  1
W1(b, p) =

∫ +∞

0
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∫ +∞
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K(1, t)t−bp+cdt
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qkW~2�,4M;T8�G�2F= G�(2.3) 2W~�r+Rk
∫ +∞

0

K(1, t)t−b1pdt =

∫ +∞

0

K(1, t)t−bp+ c
q dt.8k5

∫ +∞

0

K(1, t)t−bp+ c
q dt = W

1

p

1 (b, p)

∫ +∞

0

K(1, t)t−bp+cdt. (2.4)7P� Hölder �4h�5
∫ +∞

0

K(1, t)t−bp+ c
q dt =
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K(1, t)t−bp · 1 · t
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q dt
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K(1, t)t−bp+cdt
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,-P�- tc = �r�s c = 0 d�4_�*�8k4 (2.4) G c = 0, %? bp + aq = λ + 2.dr 2.2 a p > 1, 1
p

+ 1
q

= 1, a, b, λ ;k�r� K(x, y) k λ 
K#FJZr�
K(1, t)t−bp q K(t, 1)t−aq ;> (0, +∞) ^7��\

W1(b, p) =

∫ +∞

0

K(1, t)t−bpdt, W2(a, q) =

∫ +∞

0

K(t, 1)t−aqdt;m+�B9
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(ii) M;&4 (2.1) .!. (2.5), je^�# Y'64 (2.5) .! (2.1), S (2.5) 9
(2.1) 4��%?-P�- bp + aq = λ + 2 d� (2.5) K2�r+RkW~2�
3 � | � s t � b Æ �a K(m, n) > 0, u = {un} kFJr0�8)trtR T :

T (u)n =

∞
∑

m=1

K(m, n)um, n = 1, = 2, · · · ,� T k$OÆ�tR�7a p > 1, α k�r�|
lpα =

{
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(

∞
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)
1

p

< +∞
}

.\&>�r M , g ∀u = {um} ∈ lpα, 5
‖T (u)‖p,γ 6 M‖u‖p,α,�� T k% lpα / lpγ 25ÆtR�y�6�% lpα / lpα 25ÆtR�� lpα K25ÆtR��� l

p
0 q ‖u‖p,0 �|� lp q ‖u‖p. T 2 (p, p) �Cr8)�

‖T ‖ = sup
u∈l
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α

‖T (u)‖p,γ

‖u‖p,α

.w~ 3.1 a p > 1, K(x, y) k λ 
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p
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0
K(1, t)t−

1
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{
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∞
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K#FJZr�P� max
{

− 1
p
,− 1

q

}

6 β < min
{

1
p
, 1

q

} 'G� t−
1

p K(1, t) q t−
1
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[13] Krnić M, Mingzhe G, Pečarić J, Xuemei G. On the best constant in Hilbert’s inequality

[J]. Math Ineq Appl, 2005, 8(2):317–329.

[14]  Æ���-l Hilbert ��4h��Uq [J]. ')!+, 2009, 38(3):257–268.
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